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Stabilityotsymmetr.cc Powers of

Vector Bulles Over a Curve 1¢
C. smoothpwject.ve curve of Gaius g
E : vector bune on C of rak r & degree d : = deg NE

St . Introduction

吐 E islsemilstalde.it → Hopeµ(E)

咸七一 : 幽幽iii, 幾戶 ,쁥 .

EqiValentine , E islsemilstaldeiffpwpernon3e.ro
Y E→ Q : quotientbundle.de#Q ∴홡 .

R-께 . E : State ⇐, E :IN dual

. E : sta.ae ↳ E⑤L : stable for L: line Dance

E-0P (Hartstemis ASAM Let E he stable .
Then

.skEissemistaldetkaz.skE isstaldefknzforsuff.cientry General E
When ga 2 -

The Proof usesthewrresponde.ae
(Stanley of E ) 너 ( ineducihhtyofpi.tl. (C) → U(H )

introducedbyNarasimh.am & Sashadu ( 165 )
.

Q
.
Classifystahle.tw/왜istu첈e SKE ?

↳ semistablebanotsta.ae



From How on
,
let E he a vector Dance of rank r = 2

& degree de 0 .
Afteranor

mdi3ation.detlE@L1-_ldetElxofSklEx0LkSkExoLk.W_MAdetE-.Oc
.

Inthis Case,

5k$E = K+ 1 & da E = (at E炸川 c,

and "

self-dualitieiE_-E@ldetEi-.E& (SKE )는 SKE = SKE
.

RI FE is not stable ↳ 크 destabilisingsubbundle.lt→SKEofrank.se쁠

t.IDestabili3.mg U →SKEyieldsthe.at seq .
.

O → U → SKE → W→ O

of vector bmdle.su//rkVtrkW=kti&degU=degW=0.
⇒ 크 destabdm.mg W→ 티는 SKE

.



§2 .
Destatusation of HE by Thank 1

X : then ruled surface T1 : M(El→ C

C, : aunise.cat dwisoronXWITHOxk.IE

⇒ G2 = deg E = 0

M (시 : The set of dwis.rs on X / 三 (nwm.euiv. )
= {DEKC.tbflk.be ㅍ } realige.cl as a curve

↳ k-secantdwisor.ksectionifeffect.ve S

⇒ M (X ) ④ : 2diund vector Space

ME(N : theconeofcur.es on X
= 1 DE M .(XI a I D : Q-effect.ve }

If E is Sunistable , then EN) = Q1,i G + ☒,i f .
G a G ^

E :semis.ae/LiEtflnpouticular.XhasnocurveDofD20ifEisss.



R逃 NE (N is notnecessmilydosed.lt
. f潘一莊 -4Gt라 D

2

= 16ftG.fi#ffi6( 1

-
- -ey.li - - - -卜嵐十- - - -

t.tk#2fiii_7feIfAminimalj
is a Section ( 1-Section ) G with

theminimalsdfintersectioneofmin.num. class
.

Then
E : State E) G2 > 0

estabilishedbythewmesponde.ae

( line subbundleEL.SKE ofde.GL = b )
←> ( K-Section DE KG +bf on XI

When E issemistalde.TFAE.co
SKEisdestabit.ged by a line subbdl

• 玖一Section Don X of D를 0

• NE (N is Closed

Q
.
Classifystald.ee E w 1 M€1시 = NE(N ?



§ 3
.

Stable E wlssc.SE

Realthat

5E: not stable a Iline swbbundlelt.SE of des L= 0
↳ ㅯ 3

여 크2Section B on X=R (E ) of B2= 0

덴 (Cha
,
Park

'14 )

ut E = Oc①M for Some MEJa(C) 11O다 .
i.e

.
M2= Oc but M#Os

and Xo = 吼瓦 )
.
Then ㅋ anirreduc.ee & rednc.eduSection B

on Xo of B2= 0.

Let乂況 (E) betherule.cl surface obtained.by taKing elementany
Hansform at points of B from X .

Then Eisstaldetsnotestahlelforgenaalchoicesofthe.pt
. s )

.

f

f

NowD b쌺 t.net'
B at

N 왕
ng f

•
가

먀0.BE I
먀 0

,
B2= 0 t 먀 1

.
B를 0

givesadesiredexample.atter
< elementany Hansformat x > (heKing D is a www.alsectioin



OnMe other hand.

5E : not stable ↳ ㅋ quotie.int line bune SE→ L of deg L
= 0

E) E isorthogonal.ttrequiresthestabuayofEIDIEisehogoee.no/itsraluesinMif
ㅋanondegeneratesymmetricbdmearformE@E-sM.mCMumfordsdassific.ation 'ㅋ1) E isorthogonal.itf
(i) U i A ④A

'
( = uptonormal.isation ) for any line bune A on C

(ii) U = THR for an Etde 2-Overing ㅠ : B→ C
& a line bune Ron B

Hole that B : im .
& red . 2Section on X of 132=0

⇒ ㅠㅠ 1B : B→ C is

wamified.LA/l=(dem.transfatxyeBfromXo).D~Gtlbfy
D •

•

L가 ⇒ 파바(D) = TH잇(C)④L냉
仁呪 (El B y • for LiG(H )
T1 t
C ⇒ T1*0x(D) = E

0 → Ox (D- B) → O사미 → OB (미 → 0

L ㅠ*
○ → 파O✗ (D ) → T1* OB (FLY )→ O

Thus E = ㅠ* R .
That is. theelm.trausf.atptsofBgenaatesalltheorthogonalbundl.si



§ 4
.sssSKEwlstaldeSKIEI_CK.ISKEisstaldefkxzunlessoneofthefollowingcasesoc.cat

.

undathestat.it때
① S2E : datalidmedbyrt.fr ofsmallersym.pro .
② S3E : " rk 2 → S6E :destaleilyedbyrklo.SE: " rK 2 → S8E : "

④ S6E : " rk 3 → JE : "

의 Let E he astable vectorbone of rkE = 2 W1 detE = 0c
.

( I ) SKEisstalde.tkㅠ2 for General E .

(21 SKE is not stable for Some ka I If NE(M(E ) ) is Closed

(idea ofpf ) The Proof Uses
O → s

n"E@SM"E → S7E@SME→etME→ O
.

Forexample.it 1. m= 3 & dudi3ing & ④ L GiveSO
→ S3E@ L → E@ SE@ L→ 5E@ L → O

⇒

HomlLts3EIEHomlEU@i.S2El.So.SE cannotbedestab.by rklifftisst.de .



Q
.

What are thecandidd.es for ② ~④ ?

(A I Etde- trwialbundl.es : ㆋE = On to On for Some
Etde K- www.g ㅠ : D→ C .

By Hewww.pondenecswrjectionㆋE→ R on D 1 ←> (C-morphismdiD-X.IR (E) )
with R = 0*0x (G ), X admtsanm.ation D

'
of 叱二 0

for Some inK
.

팬 (K
.
) Assamethat E is as Before & S2E

isstalde.theu.SKE : not State for Some K>, 3 # E : Etde#wie .

R逃 (Non '76) denes a vector bmode U to hef逃 if
王柯北 Collection S of vectorbundlesst.tk >, 2.

YRiiiu-e.ee 놧
.
④ - . . ④ Wkm. for Some We es

When The base Gold is da Used of char 0.
U is fwrite a U is Etde#wie


